For convenience we now assume that the absolutely irreducible and indecomposable representations have been written with entries in some finite normal algebraic extension OE* of the prime field ß0. We suppose that £2* contains the modular wth roots of unity. Let V be the Galois group of this extension. Let a(£T. If we denote by Uia the action of a on the entries of Ui then Uia is again a representation of G and is, in fact, an indecomposable representation of the regular representation of G since the indecomposable representations appearing in the regular representation are permuted amongst themselves by such Galois automorphisms.
Thus we may write Uia = T-\Ui ® Fi)T, for some X (1 =X^A) and some nonsingular matrix P. By comparing degrees we have /x= 1.
We therefore consider two cases. Case 1. We assume that we have chosen an automorphism a such thatX^l.
In this case G has at least two linear modular representations and thus, by a result of Brauer and Nesbitt [2, p. 588] we know that the index of the derived group of G in G is divisible by a prime q distinct from p. Let H be a normal subgroup of prime index q. Put m = qm'. 
Ml
We may make the induction hypothesis that the theorem has been proved for the groups of orders less than the order of G. This implies that H has a normal p-Sylow subgroup Hp. Since Hp is characteristic in H, Hp is normal in G and clearly Hp is a p-Sylow subgroup of G.
Case 2. Here we assume that, for all choices of Galois automorphisms, X= 1. Thus we have, for all aEY, Uia = T~1(U1 ® Pt)P = T-iÏÏiT.
We wish to show that this implies that r¡\ is a rational integer (v = \,2, ■ ■ ■ ,k).
First we observe that for xEG, Uya(x) and Ui(x) have the same latent roots. This implies that a merely permutes the latent roots of ¿7i(x). We suppose now that x is p-regular. In particular the number of solutions of the equation yv" = e in G is pa. This implies that G has a unique ¿>-Sylow subgroup which is consequently normal. In conclusion the author wishes to thank Dr. Green for helpful discussions concerning the material of the latter part of this paper.
